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(54) Method and apparatus for predicting queuing delays 



(57) Apparatus and method for predicting wait times 
for queuing customers. Upon arrival of a new customer 
to the queue (110), or at any other desired time : a sys- 
tem classifies each customer in service according toone 
or more attributes. The system generates a probability 
distribution of the remaining service time for each cus- 
tomer based on the attributes. Preferably, the system 
classifies each customer in queue according to one or 



more attributes and generates a probability distribution 
of service time based on the attributes. From the prob- 
ability distributions of the customers in service and the 
customers in queue, the system estimates a wait time 
for the new customer. The estimated wait time may be 
communicated to the customers or to a system admin- 
istrator and may include information on the full waiting 
time distribution or a summary of the distribution. 
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Description 

BACKGRO UND OF THE INVENTION 

f^qLr 6 PfeSem inVenti ° n ^ dirSCted t0 3 m6th0d and 3PParatUS that es,ima,es dela y s t0 be e "<^ by customers 

SerV . iCe SyStSmS h3Ving 3 ' lmited il is known to P |ace customers who cannot be served immediatelv 

KeLVZnZTT reS °T S b6COme aVailab,e f ° th6 CUSt0mer ° ften ' cust — ™ not glen anTsTm^ 
the time when the customer can begin to receive service. If the customers are forced to wait "on hold" for a lona olrZ 
oHime w.hou, such information, the customer may become dissatisfied with the service provTdef 9 ' 

somplp^tr° V t CUSt ° merS ^ information re 9 a ^ng a time in which the customer can expect to wait in queue 

the cus omer " ^ P ° Siti ° n in qU6Ue ' H ° WeVer ' P° silion ™V ™ 2SS 

the customer to determine how long the customer will have to wait before obtaining service The customer cannot 

Z e7sZ*z::zr nt « are fieiding service requests ° r the rate at which »• ^ ^^ P xz e ^ e T 

quests. Other service providers may generate an estimate of the rate at which its agents complete .service reouests 

Z^ZkmT T 3 a9en,S 01 Wh ° m ' ° n aVeragS ' C ° mplete — -quests ,n r m"u s ma 
on Z n 9 d ' n qU6Ue at the Wh POSIti0n Wi " be served in k * r/s mi ™^ However, prediction based 

met n sS * W 9,088 inaccuracies in specific instances. If long-term averages a^e rS 

- ZZZS£^£^£X? ** 3 ^ — - ~ Such customed, too. may 

Se a^ToZTT °T f ° ^ °* h " PUrP ° SeS - ^ ' nStanCe ' 3 Se(ViCe ? r0vider ™^ P-""* additional 
7 ? ! y 3 ,lrSt S6fViCe iS COmplete The predicted dela V at the fif st facility might enable the 

tob^daetteavLL. ^ ** ^ SUbSSqUent " Vk * The ^ prOVider a ' so mi 9 ht ««• the'delay predSons 
25 SfSS 9 J T SSrV,Ce CapaC " y ' 6 9 ' by adding a 9 ents wnen lar 9 e dela V s are predicted. 

ITlesL ^Z^S!,^ 8bOVe ' th6re " 3 neSd " ,hS ^ f ° r 3 SyStSm that aCCUrate 'V P redicts a "<icipated 
wan times mat customers will incur upon entering a queue. 

SUMMARY OF THE INVENTION 

30 efch 6 LitL h ^t?or nta9 H S °' Pfi ° r art a,,eVia,ed 10 3 9reat eXtent by an a PP ara,us and matn °d that classifies 

upon me SSTSTi eaC H CUS l° mer b9in9 S6,ViCed b3Sed UP ° n kP0Wn attributes of the customers and P<**ibly 
dfstribut^unlti , r"^" 19 SSrViCe - BaS6d Up ° n the cla ^ifications, the system estimates the probability 

2 tr ibu °n Z oo. LT CUSt ° meriS r6maining SSrViCe time ' The SyStem Ca,Culates ' ,rom tha ^timated probability 
fSo 1,1c r ,° „ J- S6,VICe " meS ' an estima,ed number of departures that are expected over time and further 
calculates a full probability distribution function of the expected waiting time before a new customer can begh service 

cllZT^l^^ 3 fU " Pr0babi ' i,y diStribUti ° n ° f ,hS Wai,in9 ,ime b6fore ^™<«9 selTfor other 
customers mat already have been waiting (those in queue) 

timetor a^ew'cu^T?^ T ^ ° f ^ different meth0ds ,0 predict a dis ^ibution of the estimated waiting 

"S^ rtTeSS^S th 6 7 at6d WaitinQ timS diStribUti ° n may be b3Sed ° n the P robabilit V distribution 
mow h h » 6 customers ln servic e and the customers in queue. Second, an added refinement 

o7agen t ^ 

seSS of f p J, T ° f CUStomers ' the estimated waiting time may be estimated based on the rate of 
service of the agents. Fourth, when the number of agents is less than the number of customers in queue the estimated 
wa.t.ng time may be estimated based on the service-time distributions of the customers in queue 
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BRIEF DESCRIPTION OF THE DRAWINGS 



E22 F J 9 ' I ^ 30 N,UStration of a s V stem constructed in accordance with the present invention 
Luuusj Fig. 2 is an illustration of a method of the present invention 

50 Si 1 ?] Sf ifJSi f n l 3(C) i,,UStrate P robabi,it V distribution functions applicable to the present invention. 

E fun^ P ?!? llty diStribUti ° n fUnCti ° n ° f W> W '"-trates a conditional.probabi.ity 

aensity function related to the probability distribution function of Fig. 4(a). 



DETAILED DESCRIPTION 



iZLiZXSonZ c r P 7t S imPrOVed SefViCe " 3 SefViCe SyStSm haVinS 3 ,imi,ed Ca P aci «y b V ^<™«°9 
To ITo d,str| but.on function of the waiting t.me before a new customer (or a customer already in queue) will beoin 

«o receive serv.ee. Th,s probability distribution can be used by the service provider to provide approximate wait time 
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estimates to customers. The service provider could communicate to the customers the full estimated probability dis- 
tribution function of the wait time or, alternatively, communicate only summary descriptions of the probability distribution 
function, such as the expected value or the 90th percentile. The service provider could also give some idea of the 
uncertainty of an expected estimate value, e.g. by giving the variance. Finally, the service provider may use the estimate 

s to reconfigure the system and add or remove agents to change the wait time estimates. 

[0013] All customers, those receiving service and those waiting in queue, are categorized by one or more customer 
attributes. From those customer attributes, a probability distribution function ( tt PDF tt ) of the remaining service time is 
generated for each customer. These service-time PDFs permit a system administrator to predict a waiting time PDF 
for a new customer being added to the queue. It also permits a system administrator to predict the waiting time PDF 

10 of any customer already in the queue. 

[0014] The "probability distribution function" of a random quantity is a description of the probability that the quantity 
is less than or equal to any specified value, for all possible values. If X is a random time, then its probability distribution 
function can be denoted by G(x)=P(X<x), 0<x<°o i.e. , the probability that X is less than or equal to x for each possible x. 
[0015] Fig. 1 (a) shows an embodiment of a system 100 constructed in accordance with the present invention. The 

is system 100 includes a plurality of agents A r A s having capacity s and a queue 110 having capacity q. The agents A-,- 
A s and the queue 110 are in communication with a plurality of customers (not shown) via a network 200. In a preferred 
embodiment, the system 100 includes a processor 120 in communication with each of the agents A r A s and with the 
queue. The processor 120 monitors the activity of the agents A r A s and, accordingly, monitors the service requirements 
of the customers for whom each agent is providing service. The processor also monitors the queue 1 1 0 and, accordingly, 

?o monitors all activity between the queue 110 and the customers placed therein. 

[001 6] When all agents are serving customers, any new customers are placed in the queue 110. New customers are 
dropped when the queue 110 is full. If the system 100 is serving s customers and k customers are in queue, the new 
customer is placed in queue 110 at position k+1 . Upon arrival, the system 100 provides new customers with an estimate 
of the wait time that the customer will endure. At any other desired time, the system also can provide customers already 

?5 in queue with estimates of remaining wait-times they will endure. 

[0017] The prediction method of the present invention is shown in Fig. 2. Upon arrival of a new customer or at any 
desired time, the system 100 examines attributes of each customer in service (Step 1000). The system generates 
probability distribution functions, labeled Gj(t), for the remaining service-time of each customer i based on the attributes 
lound (Slop 1010). The system also considers the customers in queue ahead of the new customer. As with the cus- 

io tomcrs in service, the system examines attributes of the customers in queue (Step 1010). Based on the customer 
attributes, the system generates service-time PDFs Gj(t) for each queuing customer i representing the probability that 
the customer's service will be less than or equal to any specified time (Step 1 030). Finally, the system estimates a PDF 
of the waiting time before beginning service based upon the estimated number of departures (Step 1100). 
[0018] To establish service-time PDFs for the customers, the system 100 examines a number of attributes for each 

>s customer. As an illustrative example, the system 100 may be one for providing internet connection services. Each of 
the s customers in service might be classified according to the activity that the customer initiates upon connection. Fig. 
3 illustrates a variety of probability distribution functions that may be appropriate to the classifications. Customers that 
connect to retrieve electronic mail, for example, may disconnect very soon after connection; PDF1 may be appropriate 
for these customers, shown in Fig. 3(a). Other customers may exhibit behavior that demonstrates a longer connection 

{ o time, in which case PDF2 would be appropriate, shown in Fig. 3(b). Still other PDFs may be assigned to other customers 
or based on other attributes. As another attribute, the relative efficiency of one agent A-, may be considered when 
generating PDFs. Further, policies of the service providers may affect distributions. For example, a help desk may 
choose to limit service requests to a set amount of time, say 10 minutes; if a customer's problem is not solved before 
the limit expires, the customer may be referred to some other service provider. Such a policy could be represented by 

; 5 PDF3 in Fig. 3(c). Each customer i in service is assigned a service-time PDF Gj(t) representing the probability that the 
customer will disconnect on or before time t. 

[0019] One attribute that is particularly useful when generating PDFs of the remaining service time of customers in 
service is the elapsed time of sen/ice. Given that the customer has been in service an amount of time x, the system 
estimates probabilities that the customer will terminate service before time t, for all t values. The estimate is called a 
o "conditional PDF." Figs. 4(a) and 4(b) illustrate a relationship between the PDF and probability density functions. If g 
(t) is the probability density function associated with probability distribution function G(t), they are related by: 
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i.e., G(t) is the integral of g from 0 to t and g(t) is the derivative of G(t) at t. Fig. 4(b) displays a hypothetical probability 
density function g.(t). A conditional probability distribution function Grftlx) is represented by the gl area divided by the 
total area (gl andg2). 

[0020] The total area under the curve g } (t) is assumed to be 1. Because it represents a probability, the system 100 
s calculates a conditional PDF, Grftbc,), representing the probability that, given that the customer service has lasted a 
time x h the customer service will conclude within an additional time t: 

Gft+x.) 

[0021] Even if the elapsed times of the customers in service are not available, the knowledge that a customer already 
is in service may be exploited. Then, instead of the original service-time PDF, an alternative service-time stationary- 
excess conditional PDF 
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G,(t) = — f [I-Gi(u)]du. t>0 



can be used; where m; is the mean (expected value) of the PDF Gj. 

[0022] In addition to the customers in service, the system 100 generates PDFs for the k customers in queue by 
classifying the customers by whatever attributes are known about them. Using the internet connection example above, 
because the queuing customers have not received internet services, the system cannot classify them based upon their 
conduct. However, the system 100 may possess other information, such as the customers' IDs or telephone numbers, 
that permit limited classifications to be made. If the customer's IDs are known, the system may assign PDFs based on 
the customers' prior behavior. As noted, the system 100 may have established policies, independent of any customer 
attribute, that governs the PDF. A PDF Gj(t) is assigned to each customer in queue (1<j<k) representing a probability 
over time when the customer will conclude service. 

[0023] For certain customers, either those in service or those in queue, only partial information may be available 
regarding the customer's estimated service time. For example, a mean service time, m,, may be available. When only 
partial information is available, the system fits a service time PDF Gj(t) to the partial information. For example, given 
the mean nrij, the system can fit an exponential PDF Gft) = 1-&*«h. For some customers, the mean m,- may have to be 
a long-run average. 

[0024] Once service-time PDF's are generated for the customers in service and the customers in queue, the system 
100 sums across all customers in service to estimate the expected number of departures in the time interval [0, t] from 
the customers initially in service, ED s (t): 

40 S 

EDs(t)* I Gift) 
i = l 

45 Assuming, as a practical approximation, that the customers in queue can start service immediately, the expected 
number of departures over time for the first k customers in queue, ED q (t), can be approximately expressed as: 



S+k 

ED q (() * I Gift) 
i = s + / 

55 An associated estimate of the total expected number of departures can be obtained by adding Eqs. (4) and (5), i.e: 

ED(t)=ED s (t) + ED (t). 
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[0025] Armed with an estimated numberof departures over time, the system may estimate the time before the system 
will service k+1 customers, which is the time when the new customer can begin to receive service. The same formula 
applies to a customer already in queue if he is the (k+1) th customer. The actual random waiting time W is: 

5 

W - min {t > 0: D(t) = k+ 1} 

[0026] The next step is to develop an approximate expression for the PDF of the waiting time W, i.e., for P(W<w) as 
a function of w. Because the random number D(t) is a sum of independent random variables, its distribution is assumed 
io to be approximately normally distributed. Let w x be defined to represent a v/aiting time based on the mean ED(t) and 
the standard deviation SD(D(t)): 



15 



20 



45 



w x = min {t > 0: ED(t) + xSD(Dft)) - k -h 1} 
where x is a constant. Then the system may obtain an approximate expression for the distribution of W by: 
P(W>w x ) = P(D(t) < ED(t) + xSD(Dft)) = P(N(0,1) < x) = O(x), 



where N(0, 1 ) is a standard normal random variable having mean 0 and variance 1 and <D is its PDF As x is allowed to 
vary, Eqs. (8) and (9) give an expression for the complementary PDF of VV i.e., for 1-P(W<w) as a function of w. 
[0027] In many applications, it is useful to obtain the full distribution of W. In such applications, the system calculates 
the distribution according to Eq. (9) above. However, in other applications, only a single value of a wait time is necessary. 
25 in this circumstance, the system progresses as follows. 

[0028] For 0«x<1, a relationship is defined x a =<I>- 1 (a) (or, equivalently, <D(xJ=a). Then w Xa is the approximate ce ,h 
percentile of the distribution of w. 

[0029] The system can also generate a single value summary estimate of the PDF of the waiting time W. The rela- 
tionship between a and w allows a system operator to choose how aggressive or conservative his estimate will be. 
30 For example, setting a = 0.90, the system operator obtains an estimate of w that has a 90% probability [a*100%] of 
being less than or equal to the estimates. Alternatively, setting a = 0.5 obtains an estimate that has a 50% chance of 
being less than or equal to the estimates (i.e., the median). 

[0030] In a second embodiment of the present invention, a better estimate of wait times is obtained by estimating 
the times at which each customer in queue ahead of the new customers will be able to begin service. The system 100 
35 estimates times of departure of the customers now in service based on their PDFs. The system 100 then uses each 
estimated departure time as a starting point of the PDFs of the customers in queue. The system 100 estimates a time, 
tj, in which the j th customer in queue will begin service: 

40 fy-min {t>0:ED s (t)=j} 

where ED s (t) is given in Eq. (4). From the tj's, the system 100 obtains an estimate of the expected number of departures 
over time: 



so 



s k 



[0031] Having obtained a more precise estimate of the number of departures over time, the system may estimate 
the waiting time of the new customers according to W in the first embodiment (Eq. (7)-(9)) but using ED(t) in Eq. (11) 
above as the basis of the estimate. 

[0032] In a third embodiment, the system calculates waiting times for the first few customers in queue. The third 
embodiment is particularly useful when the number of customers in queue is small relative to the number of agents (i. 
e.. k«s) The system estimates the instantaneous rate of departure of customers in service and extends that rate over 
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the first few customers in queue. The wailing time of the first customer in the queue has the complementary PDF: 



S 

5 P(W § >t) = II d-G,(t)) 

/ = / 

which may be calculated via: 

10 



s 

is i - 1 

The service-time PDF Gj(t) in Eqs. (12) and (13) is assumed to be based on the customer and agent attributes, just 
as before. Furthermore, W 1 may be approximated by an exponential distribution: 

20 

P(W 1 >t) = e 7 , t>0 where \i 1 « 7 °- 

l o 

Then, the departure process can be approximated by a Poisson process with rate so that Wk has approximately a 
25 gamma distribution with mean and variance: 



EW, = — and Vat W. =\ 

UL < * 2- 

30 

This approximation is natural to use when only the mean remaining service times of the customers in service is known 
(m r 1<i<s) Then the rate u^ may be approximately expressed as 



35 * 

M, = I (—). 



40 



45 



[0033] In a fourth embodiment, the system 100 tends to de-emphasize the role of the customers in service. Such a 
prediction scheme finds application where the number of customers in queue is large compared with the number of 
agents (i.e. k»s). In this embodiment, the estimated waiting time resembles the k/sV estimate described in the back- 
ground of the invention above. However, the present invention advantageously considers the nonidentically distributed 
PDFs Gj(t) of the customers, and the means mj and variances of the PDFs: 



k+1 k+1 
EW ~ - X m it and Var W * ^ T erf. 
so t = ; / = 1 



The s customers in service are indexed first, followed by the first customers in queue. 

[0034] The present invention has been characterized as a method for predicting a wait time that a customer, either 
in queue or new to a queue, will endure, before being able to begin receiving service. The present invention also finds 
application as a method and apparatus for predicting an estimated waiting-time before the customer will end service. 
In this embodiment, the system considers the service-time PDF of the customer himself, in addition to those customers 
already in service and those in queue ahead of the customer If T x is the total time for customer i to complete service, 
then its PDF can be obtained from the two component PDF's by a convolution integral: 
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X 

P(T, < x) = jc, (X - wj<iP (V, = w). 



The expected values are related simply by: 

E7} = El/V / + m. t 



where m; is the expected value of the service-time PDF Gj. 

[0035] The present invention described above generates a more precise and reliable estimate of queuing delays to 
be experienced by customers in a queue by estimating service times of customers in service and perhaps customers 
J5 in queue based upon attributes known for each customer. From the estimated service times, a prediction of a waiting 
time for a certain customer may be made. The prediction also provides benefits to queue administrators who may 
allocate additional or fewer agents to meet changing demand. 



20 Claims 

1. A method of predicting a waiting time for a customer in a queue, comprising the steps of: 
for each of a number of customers in service and ahead of the customer: 

25 

classifying the customer in service according to an attribute known for the customer in service, and 
generating, based on the attribute of the customer in service, an estimate for the customer representing 
a time that the customer will terminate service; 

30 for each of a number of customers ahead of the customer in queue: 

classifying the customer ahead in queue according to an attribute known for the customer ahead in queue, 
and 

generating, based on the attribute of the customer ahead in queue, an estimate for the customer ahead 
35 in queue representing a time that the customer ahead in queue will terminate service; and 

predicting, based on the estimates generated for the customer in service and ahead in queue : an estimated 
waiting time for the customer in queue representing a time that the customer in queue will wait before service. 

to 2. The method of claim 1, wherein the estimate of the first generating step for at least one customer in service is a 
probability over time that the customer will terminate service by that time. 

3. The method of claim 1, wherein an estimate of the second generating step for at least one customer ahead in 
queue is a probability over time that the customer ahead in queue will terminate service by that time. 

45 

4. The method of claim 1 , wherein the estimate generated for at least one customer in service is a probability distri- 
bution function. 

5. The method of claim 4, wherein the probability distribution function of the at least one customer in service is based 
so on an estimated mean time of service for the customer. 

6. The method of claim 1, wherein the estimate generated for at least one customer ahead in queue is a probability 
distribution function. 

55 7. The method of claim 6, wherein the probability distribution function of the at least one customer ahead in queue 
is based on an estimated mean time of service for the customer. 

8. The method of claim 1 , wherein the customer in queue is new to the queue. 
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9. The method of claim 1 , wherein the attribute known for at least one customer in service is the time elapsed for the 
one customer since the one customer first began to receive service. 

1 0. The method of claim 7, wherein the estimate generated for the one customer is a conditional probability distribution 
function representing a probability over time when the one customer will terminate service given the elapsed time 
for the one customer. 

11. The method of claim 1 , wherein the attribute known for at least one customer in service is the identity of an agent 
serving the one customer. 

12. The method of claim 1, wherein the attribute known for at least one customer in service is an upper limit service 
time for the one customer. 

13. The method of claim 1, wherein the attribute known for at least one customer in queue is an upper limit service 
15 time for the one customer. 

14. The method of claim 1 , wherein the attribute known for at least one customer in service is an identifier of the one 
customer. 

20 15. The method of claim 1 , wherein the attribute known for al least one customer in queue is an identifier of the one 
customer. 

16. The method of claim 1, wherein the attribute known for at least one customer in service is conduct of the one 
customer. 

17. The method of claim 1 , wherein the estimated waiting time is the time before beginning service. 

18. The method of claim 1 , wherein the estimated waiting time is a time before concluding service. 

19. The method of claim 1, wherein the generating step includes a step of predicting a time when the customer in 
queue will begin to receive service. 

20. The method of claim 1 , wherein the estimate generated for at least one customer in queue is based on the predicted 
time when the one customer will begin to receive service. 

21. The method of claim 1, wherein the predicted waiting time is an estimated probability distribution function. 

22. The method claim 21 , further comprising a step of communicating the estimated probability distribution function 
to the new customer. 

23. The method of claim 21, further comprising a step of communicating a predetermined approximation of the esti- 
mated probability distribution function to the new customer. 

24. The method of claim 21 , further comprising a step of communicating the estimated probability distribution function 
45 to a system administrator. 

25. The method of claim 21, further comprising a step of budgeting resources based on the estimated probability 
distribution function. 

so 26. The method of claim 1 , further comprising a step of communicating the estimated waiting time to the customer in 
queue. 

27. A method of predicting a wait time for a customer in queue to receive service from a system, comprising the steps of: 

5 ° classifying each of a plurality of customers in service according to an attribute known for the customer in 

service, 

generating for each customer in service, based on the attribute known for the customer in service, a probability 
distribution function for the customer representing a probability over time that the customer will terminate 
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service; 

predicting, based on the probability distribution functions of the customers in service, a rate of service for the 
system, and 

predicting a wait time for the customer in queue based on the rate of service. 

5 

28. The method of claim 27, wherein a number of customers in service exceeds a number of customers in queue. 

29. The method of claim 27, wherein the customer in queue is first in queue. 

10 30. The method of claim 27, wherein the probability distribution function of at least one customer in service is based 
upon a mean of a remaining service time of the respective customer. 

31 . A method of predicting a wait time for a customer new to a queue, comprising the steps of: 

75 classifying each of a plurality of customers in queue according to an attribute known for the customer in queue, 

generating, based on the attribute of the customer in queue, a mean approximating a probability distribution 
over time that the customer will terminate service, and 

predicting, based on the means for each customer in queue, an estimated waiting time for the new customer. 

20 32. The method of claim 31 , wherein each customer in queue will not receive service until one of a plurality of customers 
in service terminate service, and 

a number of customers in queue is much greater than a number of customers in service. 

33. In a system comprising a plurality of agents and a queue, an apparatus for predicting a wait time for a customer 
25 in the queue, comprising: 

a processor in communication with each of the agents for monitoring activity of customers in communication 
with the agents, said processor also in communication with the queue, wherein for each of the agents, the 
processor generates a probability function representing a probability over time when the customer in commu- 
30 nication with the agent will conclude service, wherein the processor further estimates a wait time based on 

the probability functions, and 

communication means for communicating the estimated wait time to the new customers. 

34. The system of claim 33, wherein the processor generates the probability function based on monitored activity of 
3S the customer in service. 

35. The system of claim 33, wherein the processor estimates a probability distribution of the wait time. 

36. The system of claim 35, wherein the processor estimates a mean wait time. 

37. The system of claim 35, wherein the processor estimates a predetermined percentile of the wait time. 

38. In a system comprising a plurality of agents and a queue, an apparatus for predicting a wait time for a certain 
customer in queue, comprising: 

45 

a processor in communication with each of the agents for monitoring activity of customers in communication 
with the agents, said processor also in communication with the queue, 

wherein, for each of the agents, the processor generates a first probability function representing a probability 
over time when the agent will conclude service, 
50 wherein, for each of a plurality of customers in queue, the processor generates a second probability function 

representing a probability over time when the queuing customer will conclude service; 
wherein the processor estimates a wait time based on the probability functions : and 
a communicator that communicates the estimated wait time to the certain customer in queue. 

55 39. The apparatus of claim 39, wherein upon arrival of the certain customer, the processor estimates a wait time for 
each customer ahead in queue and the communication means communicates the wait times to the respective 
customer ahead in queue. 
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40. A method of predicting a wait time for a certain customer in a queue, comprising steps of: 

for each of a plurality of customers in service and in queue: 

5 classifying the customer based on at least one attribute of the customer, and 

based upon the at least one attribute, generating a probability distribution function representing a proba- 
bility over time when the customer will conclude service; and 

estimating a wait time for the certain customer based on the probability distribution functions for the customers 
10 in service and in queue. 

41 . A method of predicting a wait time for a first customer in queue, comprising steps of: 

for each of a plurality of customers in service: 

15 

classifying the customer based on at least one attribute, and 

based on the attributes, generating an estimated service time when the customer in service will conclude 
service; and 

20 estimating a wait time for the first customer based on the estimated service time. 

42. A method of predicting a wait time for a customer in a queue when a number of customers in queue greatly exceeds 
a number of customers in service, the method comprising steps of: 

25 classifying each customer in queue ahead of the customer in queue based on at least one attribute, 

for each customer ahead in queue, generating an estimated time before the respective customer will complete 
service, based on the attribute of classification, and, predicting a wait time for the customer in queue based 
on the estimates generated for the customers ahead in queue. 

30 43. A method of allocating a number of agents in a service system, the system including a plurality of agents and a 
queue comprising the method steps of: 

monitoring the agents, each agent serving a customer, to estimate a time when the agent will conclude service 
of its customer, 

35 tor each of a plurality of customers in the queue, 

classify the customer in queue based on at least one attribute, 

generating an estimated service time for the customer in queue based on the classification, 
predicting an estimated wait time before the last customer in queue will wait before receiving service based 
on the estimated service times, 
10 determining when the estimated wait time exceeds a predetermined wait time, and 

when the estimated wait time exceeds the predetermined wait time, increasing the number of agents. 



45 



50 



55 



8NS0OCI0: <£P 069967.? A? I > 



10 



EP 0 899 673 A2 




BNSDOCID: <EP 0899673A2_I_> 



11 



EP 0 899 673 A2 



FIG. 2 



FOR EACH CUSTOMER IN SERVICE 

EXAMINE A TTRIBUTES OF THE CUSTOMER 
I 



GENERATE PDF [Gi(t)] FOR THE 
CUSTOMER BASED ON ATTRIBUTES 



± 



GENERATE CONDITIONAL PDF FOR 
CUSTOMER BASED ON ELAPSED TIME xi 



1000 
1010 

1020 



j FOR EACH CUSTOMER IN QUEUE: 


-1 


EXAMINE ATTRIBUTES OF THE CUSTOMER 


- 1200 1 


i * 






GENERATE PDF [Gi(t)] FOR THE 
CUSTOMER BASED ON ATTRIBUTES 


-~ 1210 | 








ESTIMATE NUMBER OF DEPARTURES 
BASED ON CDFS FOR CUSTOMERS IN 
SERVICE AND PDFS FOR CUSTOMERS 
IN QUEUE 


- 1220 ! 












ESTIMATE WAITING TIME BASED ON 
ESTIMATED NUMBER OF DEPARTURES 


- 1100 



BNSOOCtD: <EP 0899673A2 f > 



12 



EP 0 899 673 A2 



FIG. 3A 



FIG. 3B 
FIG. 3C 



FIG. 4A 



FIG. 4B 





k P0F1 




















t 


P0F3 J 















— 1— 




9(0 


' gi 





X x+t 



13 



EP 0 899 673 A2 



BEST AVAILABLE 



Copy 




.11 



SPO 89S 673 A2 



FIG. 2 



L___ 



fOR EACH CUSTOMER IN SERVICE 



EXAMINE ATTRIBUTES OF THE CUSTOMER - 1000 



± 



GENERATE PDF [Gift)] FOR THE 
CUSTOMER BASED OH ATTRIBUTES 



I cue I 





GEHERATE CONDITIONAL PDF FOR 
CUSTOMER BASED ON ELAPSED TIWE *i 


i 

- 1020 j 








1 







FOR EACH CUSTOMER IN QUEUE: 



EXAMINE ATTRIBUTES QF THE C USTOMER 



GEHERATE PDF [Gl(t)j FOR THE 
CUSTOMER BASEP^OH ATTRIBUTES 



ESTIMATE NUMBER Of DEPARTURES 
BASED ON CDFS FOR CUSTOMERS IN 
SERVICE AND PDFS FOR CUSTOMERS 
IN QUEUE 



1200 [ 



1210 \ 



1 220 5 



ESTIMATE WATTIHG TIME BASED ON L f1fWl 
ESTIMATED NUMBER OF DEPARTURES ) im 



BNSDOCIO- <EP 0899673A2TI > 



12 



EP 0 899 673 A2 



FIG. 3A 



f PDFl 




FIG. SB 



1 1 1 

FIG. 3C 









P0F3 







FIG. 4A 



FIG. 4B 



Jt 


L — *• 






' gi 











X x+t 



13 

BNSOOCIO: <EP 0899673A2TI_> 




(19) 



BEST AVAILABLE 



COP 



Europaisches Patentamt 
European Patent Office 
Office europeen des brevets 




(12) 



(n) EP 0 899 673 A3 

EUROPEAN PATENT APPLICATION 



(88) 


Date of publication A3: 


(51) intci. 7 : G06F 17/60, H04M 3/523 




07.06.2000 Bulletin 2000/23 


(43) 


Date of publication A2: 






03.03.1999 Bulletin 1999/09 




(21) 


Application number: 98306419.7 




(22) 


Date of filing: 11.08.1998 




(84) 


Designated Contracting States: 


(72) Inventor: Whitt, Ward 




AT BE CH CY DE DK ES Fl FR GB GR IE IT LI LU 


Basking Ridge, New Jersey 07920 (US) 




MC NL PT SE 






Designated Extension States: 


(74) Representative: Asquith, Julian Peter et a! 




AL LT LV MK RO SI 


Marks & Clerk, 






4220 Nash Court, . 


(30) 


Priority: 11.08.1997 US 908042 


Oxford Business Park South 


Oxford OX4 2RU (GB) 


(71) 


Applicant: AT&T Corp. 






New York, NY 10013-2412 (US) 





(54) Method and apparatus for predicting queuing delays 



(57) Apparatus and method for predicting wait times 
for queuing customers. Upon arrival of a new customer 
to the queue (110). or at any other desired time, a sys- 
tem classifies each customer in service according toone 
or more attributes. The system generates a probability 
distribution of the remaining service time for each cus- 
tomer based on the attributes. Preferably, the system 
classifies each customer in queue according to one or 
more attributes and generates a probability distribution 
of service time based on the attributes. From the prob- 
ability distributions of the customers in service and the 
customers in queue : the system estimates a wait time 
for the new customer. The estimated wait time may be 
communicated to the customers or to a system admin- 
istrator and may include information on the full waiting 
time distribution or a summary of the distribution. 



FIG. 1 



CO 
< 
CO 

CO 

o> 

00 

o 

CL 

LU 



BNSOOCID: <EP 0899673A3_I_> 




Printed by Jouve, 75001 PARIS (PR) 



EP 0 899 673 A3 



European Patent 
Office 



EUROPEAN SEARCH REPORT 



Application Number 

EP 98 30 6419 



DOCUMENTS CONSIDERED TO BE RELEVANT 




Category 


Citation of document with indication, where appropriate, 
of relevant passages 


Relevant 
lo claim 


CLASSIFICATION OF THE 
APPLICATION (Int.CLS) 


X 


WO 97 15136 A (MCDONALD PAUL ; AKESTER 

RTfHARn TOWN fCR\- RPTTTCU TCI CTAMM fTZW 

24 April 1997 (1997-04-24) 

* abstract * 

* page 1, line 26 - page 2, line 26 * 

* page 3, 1 ine 10 - 1 ine 26 * 

* page 5, 1 i ne 1 1 - 1 i ne 21 * 

* nano 1 lino 0 1 _ n q 1 4 r» in 

* page /. line ci — page o, i 1 ne iu * 

* page 11 , 1 ine 19 - 1 ine 24 * 

* cl aims 1-5 * 

* figures 3A ? 4 * 


1-43 


G06F17/60 
H04M3/523 


A 


PATENT ABSTRACTS OF JAPAN 
vol. 017, no. 620 (E-1460), 
io NoveniDer iyyj \ iyyj-11-ib ; 
& JP 05 191501 A (TOSHIBA CORP), 
30 July 1993 (1993-07-30) 
* abstract * 


1,27.31, 
33,38. 

A f\ A "} 




A 


US 4 788 715 A (LEE D00Y0NG) 


1,27,31, 






29 November 1988 (1988-11-29) 


33,38. 
40-43 


TECHNICAL FIELDS 
SEARCHED (lnt.CI.6) 




* abstract * 

* column 1, line 35 - column 2, line 10 * 


G06F 
H04M 


A 


EP 0 755 144 A (AT & T CORP) 
22 January 1997 (1997-01-22) 

* abstract * 

* page 2, line 42 - line 49 * 

* tables 1-5 * 


1,27.31, 

33,38. 

40-43 




A 


US 5 506 898 A (TRAN MINH D ET AL) 
9 April 1996 (1996-04-09) 

* abstract; figures 2-5 * 

* column 1, 1 ine 20 - 1 ine 53 * 

* column 2, line 3 - line 56 * 

-/~ 


1,27.31, 

33,38. 

40-43 




The present search report has been drawn up for all claims 







Ptaceof searcft 

THE HAGUE 



Care of completion of tie uaicn 

14 April 2000 



van der Wei den, A 



CATEGORY OF CITED OOCUMENTS 

particularly relevant if taken alone 
particularly relevant if combined with another 
docurrent of the same category 

; technological background 

: non-wntten disclosure 

: intermediate decuman: 



T : theory or pnnciole undarfyirg tne .nvention 
S : warier patent document. Out puciished on. or 

after the tiling date 
D : cocument cited in the application 
L . documerl cited for other '-sasors 



& : memoerol the same catert tanvly. corresoonding 
document 



2 



EP 0 899 673 A3 



European Patent 
Office 



EUROPEAN SEARCH REPORT 



ADpiicallon Number 

EP 98 30 6419 



DOCUMENTS CONSIDERED TO BE RELEVANT 



Category 



Citation ct document with indication, where appropriate. 
o« relevant passages 



Relevant 
to claim 



CLASSIFICATION OF THE 
APPLICATION (lnt.CI.6) 



INSTITUTE OF ELECTRONICS ET AL: 
"PERFORMANCE MODELLING OF AUTOMATIC CALL 
DISTRIBUTORS: ASSIGNABLE GRADE OF SERVICE 
STAFFING" 

PROCEEDINGS OF THE INTERNATIONAL SWITCHING 

SYMPOSIUM, JP , TOKYO , IEICE. 

vol. SYMP. 14, 1992, pages 294-298, 

XP000337733 

* the whole document * 



1.27.31 

33,33, 

40-43 



US 5 020 095 A (MORGANSTEIN SANF0RD J 
AL) 28 May 1991 (1991-05-28) 



ET 



* abstract * 

* column 1 ? line 12 - column 2. line 31 * 



1,27,31, 

33,38, 

40-43 



The present search report has been drawn up for all claims 



TECHNICAL FIELDS 
SEARCHED (ln!.CI.S> 



THE HAGUE 



Gate ot comp)«Bon ot nw search 

14 April 2000 



van der Wei den , A 



CATEGORY OF CITED DOCUMENTS 

X : particular ry ralavant if takan ak>n» 

Y : particularly ralavant it ccmbined *'rtn anot nar 

oocumenr ot tna sam» category 
A : iscnnologjcal DacKground 
O • non-wnnan ciscwsura 
P : mtarmeaiata document 



7 ; th«ory or princiol© ur-darryincj the invention 
E . aarlwr patent doccnert, but puoUsnad on. or 

after the filing ca:a 
O : document cttad in tre applcation 
L : cocument cirect to- oth»r r*aaors 



i • memoer of trw sane parent tamny, corresponding 
aocumem 



BNSDCCIO: <EP 0899673A3J_> 



EP 0 899 673 A3 



ANNEX TO THE EUROPEAN SEARCH REPORT 

ON EUROPEAN PATENT APPLICATION NO. EP 98 30 6419 



This annex lists the patent family members relating to the patent documents cited in the above-mentioned European search report. 
The members are as contained in the European Patent Office EDP file on 

The European Patent Office is in no *ay liable for these particulars which are merely given for the purpose of information. 

14-04-2000 



Patent document 
cited in search report 



WO 9715136 



% Publication 

date 



24-04-1997 



Patent family 
mem ben s) 



Publication 
date 



AU 7310596 A 

CA 2233452 A 

CN 1200215 A 

EP 0856220 A 

JP 11514515 T 

NO 981725 A 

US 5867572 A 



07-05-1997 

24- 04-1997 

25- 11-1998 
05-08-1998 
07-12-1999 
16-04-1998 
02-02-1999 



JP 


05191501 


A 


30-07-1993 


NONE 








us 


4788715 


A 


29-11-1988 


CA 


1271827 


A 


17-07-1990 


EP 


0755144 


A 


22-01-1997 


US 


5684872 


A 


04-11-1997 










AU 


703432 


B 


25-03-1999 










AU 


6056096 


A 


30-01-1997 










CA 


2174973 


A 


22-01-1997 










JP 


9149137 


A 


06-06-1997 


US 


5506898 


A 


09-04-1996 


NONE 








US 


5020095 


A 


28-05-1991 


US 


5166974 


A 


24-11-1992 



i 

i 

t 

I 

i 
i 

I 




( > 
o 

\Z Fiji more details about this annex :see Cffioaljournal of the European P.itent Office No. 12'S2 



BNSDOCID: <EP 0899673A3J^> 



4 



